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ABSTRACT 
A short simple proof is given of a theorem in a recent paper by A. Topuzoglu-On u.d. mod 1 of 
sequences (a&, Proceedings A 84 (2), p, 231-236 (1981). 
INTRODUCTION 
We give a short simple proof of Theorem 1 in [l]. See [l] for the statement of 
the theorem, for the notation used, and for further references. 
PROOF OF THEOREM 1. For all integers iz 1, the total number of integers n 
such that a, li is Li, and the total number of integers n such that b, li is Ki, 
Since b, 5 i implies that a, pi, we have 
(*I KjILi for all i2 1. 
Since (a,~~) is u.d. mod 1, we have 
= 1 by lemma 1 (ii), 
so that 
lim LL” = lim ‘F = 1 (see footnote). 
n-00 n-co n 
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Since K, 11 for n 2 1, it follows from (*) that lim KA” = 1. Hence, since 
n+m 
lim$(= !.i.i (l-z))exists, 
n-m 
we have 
K lim ntl= 
n+m Kl 
lim KA’” = 1; so that lim 2 = 0. 
n-rm n-m n 
It follows from lemma l(i) that (b,x) is u-d. mod 1 for all irrational x. 
FOOTNOTE. Recall that, for all sequences (a,) of positive real numbers 
0 5 lim inf a,,l 5 lim inf &” 5 lim sup ai” 5 lim sup EELA 5 + m. 
n-m %l n-m n-m n-m a;, 
We note in passing that Theorem 2 (in [1]) follows immediately from lemma 
l(ii) by an argument similar to the above-with a, I b, = [logb (n + l)] for n B 1, 
where b=@>l: so that 
and so 
limsup$81--j->O, 
n-m n 
using (*) and the above footnote. Since lemma 1 (ii) remains valid even if i, = 0 
for some n so does Theorem 2. 
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